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Abstract—Full-wave design of canonical waveguide filters
by optimization is presented. For full-wave modeling, the filter
structure is decomposed into the cascade connection of waveguide
step and/or bifurcation discontinuities, and waveguide T-junction
discontinuities. Generalized scattering matrices of each disconti-
nuity are obtained using the mode-matching method, from which
the filter response can be obtained using the cascading procedure.
For optimization design, an error function to be minimized is
constructed according to the design specification. Polynomial
curve fitting is used to characterize each discontinuity to speed
up the optimization process. Full-wave approximate synthesis
of input/output and inter-cavity coupling iris dimensions is also
described. Design examples of four- and six-cavity canonical
waveguide filters are presented to demonstrate the feasibility
of the design approach. An experimental four-cavity filter is
machined and tested. Measured results are in good agreement
with computed results.

Index Terms—Waveguide filters.

I. INTRODUCTION

I N CANONICAL waveguide filters, coupling between
nonadjacent cavities can be realized to achieve a true

elliptic-function filter response. Compared with conventional
direct cascaded Chebyshev filters, canonical filters have the
advantages of sharp selectivity, flat in-band, light weight,
and compact size [1]. In practice, however, it is difficult to
determine precisely the coupling iris dimensions because of the
interactions among input/output coupling irises, adjacent and
nonadjacent inter-cavity coupling irises, and tuning screws for
the cavity resonant frequency. Considerable experimental char-
acterization and manual tuning efforts are required [2], [3]. To
eliminate or at least reduce the time-consuming efforts, some
new filter configurations, which are suitable for exact full-wave
modeling and optimization, have been proposed in [4]–[7].
In this paper, full-wave design of canonical single-mode
rectangular waveguide filters by optimization is presented.
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Fig. 1. Canonical waveguide filter.

(a)

(b)

Fig. 2. Modeling of the canonical waveguide filter. (a) Configuration.
(b) Network representation.

Design examples of four- and six-cavity canonical waveguide
filters are presented to demonstrate the feasibility of the design
approach.

II. MODELING AND OPTIMIZATION

Fig. 1 shows the configuration of a canonical single-mode
rectangular waveguide filter. It consists of two identical halves.
Each rectangular cavity resonates in its fundamental
mode at a common center frequency. Each cavity in one half is
coupled with its neighboring cavity or input/output waveguide
in the same half by means of magnetic fields through a narrow
slot or window in the sidewall of the cavity. Each cavity in one
half is coupled with its corresponding cavity in the other half
by means of either electric fields through a square aperture in
the center of the cavity or magnetic fields through one or two
narrow slots at the edge of the cavity. The couplings produced
by means of electric and magnetic fields have opposite signs,
which enables realization of elliptic-function filter response.

Since the filter structure consists of two identical halves, by
putting perfect electric conductor (PEC) and perfect magnetic
conductor (PMC) boundary conditions at the symmetry plane,
only a half-structure is to be modeled, as shown in Fig. 2(a),
where the symmetry plane is shaded. For full-wave modeling,
the half-structure can be decomposed into the cascade connec-
tion of two kinds of waveguide discontinuities, as shown in
Fig. 2(b). For the convenience of description, the discontinuity

0018-9480/03$17.00 © 2003 IEEE



SHEN et al.: FULL-WAVE DESIGN OF CANONICAL WAVEGUIDE FILTERS BY OPTIMIZATION 505

introduced by the coupling iris between two corresponding cav-
ities in the top and bottom halves [which is shaded in Fig. 2(a)]
is hereafter called the vertical discontinuity, while the disconti-
nuity introduced by the coupling iris between two neighboring
cavities in the same half or between input/output waveguide and
first/last cavity is hereafter called the horizontal discontinuity.

The horizontal discontinuity can be viewed as a back-to-back
cascade connection of waveguide step discontinuity. The wave-
guide step discontinuity is modeled using the mode-matching
method, from which the generalized scattering matrix of
the two-port horizontal discontinuity is obtained using the cas-
cading procedure.

The vertical discontinuity can be viewed as a waveguide
T-junction discontinuity cascaded with either waveguide step
or waveguide bifurcation discontinuity at its branch waveguide,
with termination conditions of a PEC or PMC (placed at the
shaded symmetry plane). The waveguide T-junction discon-
tinuity is modeled using the mode-matching method, from
which its generalized scattering matrix is obtained [8]. The
waveguide bifurcation discontinuity is virtually the same as
the waveguide step discontinuity. With termination conditions
of a PEC or PMC, the generalized scattering matrix or

of the two-port vertical discontinuity is obtained using the
cascading procedure. Here, two cascading algorithms are used.
One is to cascade a three-port network and a two-port network
into a new three-port network. The other is to terminate one
port of a three-port network using PEC (short) or PMC (open)
conditions such that the three-port network becomes a two-port
network.

Fig. 3 shows the convergence of scattering parameters of
two vertical discontinuities versus the maximum field index .
Here, with and representing the max-
imum field indexes and in the or
mode of the main waveguide, respectively. The maximum
field indexes in other waveguides are chosen according to
the dimension aspect ratio. Note that since the structure is
symmetrical with respect to the PMC half- -plane, only the
odd field index is considered. It is seen from Fig. 3
that convergence can be achieved when .
Figs. 4 and 5 show the comparison of scattering parameters of
two vertical discontinuities obtained using the mode-matching
method described above and HFSS. A good agreement is
observed.

Once the individual generalized scattering matrices of each
discontinuity are obtained, two generalized scattering matrices

and of the one-port half filter structure (with PEC and
PMC boundary conditions placed at the shaded symmetry plane,
respectively) can be obtained using the cascading procedure, as
shown in Fig. 2(b), from which the filter response can be found
as

(1)

(2)

where and are the return and insertion losses of the filter,
respectively, and and are the dominant-mode

entries of the generalized scattering matrices and ,
respectively.

(a)

(b)

Fig. 3. Convergence of scattering parameters of two vertical discontinuities.
(a) Dimensions in inches are a = 2:29, b = 1:145, c = d = 1, and h =

0:5. (b) Dimensions in inches are a = 2:29, b = 1:145, c = 0:5, d = 1,
and h = 0:5. N = N = N where N and N represent the maximum
field indexes m and n in the TE or TM mode of the main
waveguide, respectively. In computation, the frequency is 4 GHz.

For optimization design, an error function to be minimized
is constructed according to the design specification. The error
function could be constructed based on the response of the filter
at its zero, pole, and passband edge frequency points , , and

as follows [9]:

(3)

where and are the numbers of zero and pole frequency
points, respectively, and is a passband ripple-related quantity.
Theoretically, the filter is uniquely determined if its response at
these frequency points is determined.

In order to speed up the optimization process, each discon-
tinuity is characterized using polynomial curve fitting [10].
Since the generalized scattering matrix of the discontinuity is
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(a)

(b)

Fig. 4. Scattering parameters of a vertical discontinuity. (a) Magnitude.
(b) Phase. Dimensions in inches are a = 2:29, b = 1:145, c = d = 1, and
h = 0:5. The iris is terminated with a PMC.

a well-behaved function of frequency and iris dimension, it
is first computed using the mode-matching method at sample
frequency and iris-dimension points, and then curve fitted
by polynomial functions of frequency and iris dimension.
During the optimization, the generalized scattering matrix of
each discontinuity is obtained using the polynomial curve-fit-
ting functions instead of the mode-matching method, which
dramatically reduces the optimization time. Otherwise, the
optimization process would be nearly impossible.

In optimization, the initial values of optimization variables
are important. In Section III, full-wave approximate synthesis
of input/output and inter-cavity coupling iris dimensions will
be described.

III. SYNTHESIS OF COUPLING IRIS DIMENSIONS

For the input/output coupling iris, a structure composed of a
rectangular cavity (which represents the first/last cavity) cou-
pled with an input/output rectangular waveguide through a cou-
pling iris is considered. Other inter-cavity couplings associated

(a)

(b)

Fig. 5. Scattering parameters of a vertical discontinuity. (a) Magnitude.
(b) Phase. Dimensions in inches are a = 2:29, b = 1:145, c = 0:5, d = 1,
and h = 0:5. The iris is terminated with a PEC.

with the input/output (or first/last) cavity are neglected. Using
the modeling approach described in Section II, the reflection
coefficient of the structure can be obtained. The input/output
structure can be represented by an equivalent circuit composed
of a series resonator of resonant frequency and characteristic
impedance of 1 connected with a normalized input/output re-
sistance . The input impedance of the series resonator is

(4)

where

(5)

The reflection coefficient of the resonator and its phase are
given by

(6)
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and

(7)

From the above equation, the derivative of the phase with respect
to the frequency can be derived as

(8)

It is seen from the above equation that the resonant frequency
of the resonator is the frequency at which is maximum.
The normalized input/output resistance can be derived from
(7) and is given by

(9)

where is the phase of the reflection coefficient at frequency .
Fig. 6(a) and (b) shows the (loaded and unloaded) resonant

frequency and the input/output coupling (in megahertz) of an
input/output structure versus the width of the coupling iris, re-
spectively. The existence of the input/output coupling iris lowers
the resonant frequency of the cavity. The loading effect becomes
larger with an enlarged iris opening (here, the iris width), which
also gives a larger coupling value.

For the inter-cavity coupling iris, a structure composed of two
identical rectangular cavities coupled together through one or
two coupling irises is considered. Other inter-cavity couplings
associated with the two cavities are neglected. By putting PEC
and PMC boundary conditions at the symmetry plane, using the
modeling approach described in Section II, two natural resonant
frequencies (PEC) and (PMC) can be found [11]. The
normalized coupling coefficient is calculated as

(10)

If the coupling is mainly dominated by electric fields, then
and, hence, . On the other hand, if the coupling is

mainly dominated by magnetic fields, then and, hence,
.

IV. RESULTS

To demonstrate the feasibility of the design approach pre-
sented in this paper, a four-cavity canonical waveguide filter
with a center frequency of 4 GHz and a bandwidth of 40 MHz
is designed first. The synthesized prototype filter has the fol-
lowing normalized input/output resistance and coupling matrix:

(11)

(12)

(a)

(b)

Fig. 6. (a) Resonant frequency and (b) coupling (in megahertz) of an
input/output structure. The input/output rectangular waveguide and the
rectangular cavity have cross-sectional dimensions of 2.29� 1.145 in and the
rectangular cavity has a length of 1.81 in. The input/output coupling iris has a
height of 0.3 in and a thickness of 0.05 in.

Fig. 7 shows the ideal circuit response of the prototype filter. In
the calculation, an unloaded of 8000 is used.

The configuration of the physical filter is shown in Fig. 8.
The negative (electric) coupling between cavities 1 and 4 is
achieved through a square aperture in the center of the cavity.
The input/output rectangular waveguide and rectangular cavi-
ties have cross-sectional dimensions of 2.29 1.145 in . All
coupling irises are assumed to have a thickness of 0.05 in. Other
remaining iris and cavity-length dimensions of the filter are first
synthesized according to the approximate synthesis approach
described in Section III. They are then used as initial values
for optimization. Table I gives the iris and cavity-length dimen-
sions of the filter before and after optimization. The computed
responses of the filter before and after optimization are shown
in Fig. 9(a) and (b), respectively. In Fig. 9(b), the solid lines
are the computed response with polynomial curve fitting used
for discontinuity characterization, while the circle points are the
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Fig. 7. Ideal circuit response of the four-cavity prototype filter.

Fig. 8. Configuration of the four-cavity filter.

TABLE I
IRIS AND CAVITY LENGTH DIMENSIONS (GIVEN IN INCHES) OF THE

FOUR-CAVITY FILTER OF FIG. 8. THE THICKNESS OF ALL COUPLING

IRISES IS 0.05 in

computed response using the mode-matching method directly.
They agree well with each other.

In order to facilitate the fabrication of coupling irises in
canonical waveguide filters, instead of narrow slots, which
are commonly used, full-height inductive windows could be
employed for realization of the input/output coupling and the
inter-cavity couplings between neighboring cavities in the
same half. The configuration of the alternative four-cavity
filter is shown in Fig. 10. Table II gives the optimized iris and
cavity-length dimensions of the filter. Its computed response is
also shown in Fig. 11 using solid lines. The filter is machined
and tested. The measured response is shown in Fig. 11 using
dashed lines. It is seen that the measured response is in good
agreement with the computed response.

In order to further demonstrate the feasibility of the design
approach presented in this paper, a six-cavity canonical wave-
guide filter with a center frequency of 4 GHz and a bandwidth

(a)

(b)

Fig. 9. Computed response of the four-cavity filter. (a) Before optimization.
(b) After optimization.

Fig. 10. Configuration of the alternative four-cavity filter.

TABLE II
IRIS AND CAVITY-LENGTH DIMENSIONS (GIVEN IN INCHES) OF THE

ALTERNATIVE FOUR-CAVITY FILTER OF FIG. 10. THE THICKNESS

OF ALL COUPLING IRISES IS 0.05 in
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Fig. 11. Computed and measured responses of the alternative four-cavity filter.

Fig. 12. Ideal circuit response of the six-cavity prototype filter.

Fig. 13. Configuration of the six-cavity filter.

of 36 MHz is designed. The synthesized prototype filter has the
normalized input/output resistance and coupling matrix shown
in (13) and (14), at the top of the following page. Fig. 12 shows
the ideal circuit response of the prototype filter. It has six poles
in the passband and two zeros in either side of the stopband. The
configuration of the physical filter is shown in Fig. 13. Its opti-
mized iris and cavity-length dimensions are given in Table III.
Fig. 14 shows the computed response of the six-cavity filter. It

TABLE III
IRIS AND CAVITY-LENGTH DIMENSIONS (GIVEN IN INCHES) OF THE SIX-CAVITY

FILTER OF FIG. 13. THE THICKNESS OF ALL COUPLING IRISES IS 0.05 in

Fig. 14. Computed response of the six-cavity filter.

can be seen that the ideal circuit response of the prototype filter
is nearly reproduced in the computed response of the physical
filter. The feasibility of the design approach presented in this
paper is once again demonstrated.

V. SUMMARY

Full-wave design of canonical waveguide filters by opti-
mization has been presented. For full-wave modeling, the filter
structure is decomposed into the cascade connection of wave-
guide step and/or bifurcation discontinuities, and waveguide
T-junction discontinuities. Generalized scattering matrices
of each discontinuity are obtained using the mode-matching
method, from which the filter response can be obtained using
the cascading procedure. For optimization design, an error
function to be minimized is constructed according to the
design specification. Polynomial curve fitting has been used to
characterize each discontinuity to speed up the optimization
process. Full-wave approximate synthesis of input/output and
inter-cavity coupling iris dimensions has also been described.
Design examples of four- and six-cavity canonical waveguide
filters have been presented to demonstrate the feasibility of the
design approach. An experimental four-cavity filter has been
machined and tested. Measured results are in good agreement
with computed results.
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